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Let p be a prime number, and let m, n be positive integers. A ring R(+0)
will be called a (p; m, n)-ring if pR=0 and z2*™**"=z for all x€ B. When p=2,
the fact 2R=0 follows from the assumption 2*™**"=2. If R is a (p;m, n)-ring,
then R is a commutative reduced ring by Jacobson’s theorem to which a brief

elementary proof has been given in [1]. Moreover, if we set h=p™ and k=p"
then for any non-negative integer ¢ we have

x+xi+1=(x+xi+1)h+k:(xh+x(i+1)h)(xk+x(i+1)k):x+wih+1+wik+1+xi+1 ,

whence it follows
* pihtl— ikt
Especially, we have 22=0, which means that p must be 2. Now, the main results
of [2] can be proved with notable economy of effort as follows:

Proposition. Let R be a (2;m,n)-ring, and n=m+1)g+r, 0<r<m-+1.
Then x*"™ =z for all zcR.

Proof. Let h=2", and k=2"=(2h)%2". Then by (*) we have g'+‘=g**,
Accordingly we obtain

x=xk+1xh—1=xh+1wh—1:m2h

and similarly

= g2k (2RI o ¥l

Corollary. Let R be a (2; m,n)-ring, and n=(m-+1)q+r, 0<r<m+1. If
r=0 then R is a Boolean ring, in particular, if m=1 and n s even then R
%8 a Boolean ring.
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