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1. Let

(L.1) flzy,2)= & Amy mg 21™1 22712
my Hg 20

be an entire functon of two complex variables z; and z;, holomorphic for |z;| < 7, j=

1, 2. We know
M (ri, )= max |f(z,2)], j=1,2.

I z4 | <7j
Following Bose and Sharma ([1], pp. 214-215), p(r1, 72) denotes the maximum term in
the double series for a given value of 7, and 7, and v (Mg ; 71, #2) Or vy (71, 72), 72
fixed, vy (my; 71, #3) OF vy (74, 73), 71 fixed and v (74, 7;) denote the ranks of the maximum
term of the double series [I.I}

In continuation of my paper I have investigated few more results connecting
the auxiliary functions M (r;, 73) etc.

2. Theorem 1. Le¢t

sup log log M (ry,7s) _ T sup log log p(r,72) _ S

rjifiw inf log log (71 72) t’ rll:i'rr:l—vw inf loglog (ry7s) o
and
lim inf 1BY0n7) _;
rorg—o  log log (v, 7s) ’
then
2.1) t=o0;
(2.2) T=3S;
2.3) t=1+6.
Proof: (i) We know ([1], p. 217)
(2.4) M (ry, 12) > p(r, 7).
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Taking limits, we have
12021

Now, we prove that {<o, for this we may suppose g<oco and let us choose a
number a such that a>s+1.

Also, we know ([IJ pp. 219-220) that

| {(v2(0; 72)+v1 (V2 71, 72)} log 2 < log p (274, 27,)
or,

{(vi (05 7)+vs (vis 71, 72)} log 2 < log p (27 27,).

Hence
log v (71, 72) log log p:(n, 7) < (a—1).

log log (7, 73)

< lim inf

(2.5) lim inf log log (r17;) =

71,72 7% 71,72 7%
Let us choose 8 and y such that (a—1)<p, aﬂl) <n<1. Then, we have
(2.6) log v(ri, 7)) < By log log (71 73),

for a sequence of values of 7y=x;,, and 7;,,=x:,» (say) for x,. and x,. tending to
infinity. Let X,,.=exp {log (%1,)7} X:,n=exp {log (%s,.)?} and let I,, and I,,.
denote the intervals X;,n<71<%1,» and X,,,<73<%s,n, respectively. Then for every 7,
in I, . and 7, in I,,,, we have
@) log v (r1, 72) < 10g v (%1, , X, )

< Py log log (%1, %2,7)

= B log {log (%1, Xz,n)} "

< B log log (71 7).
Next, let us take Y;,,=14X;,» and Y3,,=1+X;,». Then, for large #n, Yy,, and Yi,z,
lie inside I;,, and Y3,» and Y3,sn lie inside I;,,. Since, we know ([1], p, 218) that

M (rs, ra)<pe (s, r) {35 12+ et —T) 3]

vi (71, 72) Ve (71, 73)
< p(r, 73) {3v (274, 27,)+ 3}
Therefore '
(2.8 log M (Y1,n, Yo,n)<log p (Y1, n, Yo,n)+log v(2Y7, 0 2Y5,)+0(1).

Also, we know ([IJ pp. 216-217)

1

log g (v1; 7, r2)=f

0

1(052) - dxl +f 2 (V1 ,xz)*g_ixfz'

2
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or
log pt(ve; 71, 72)= Jrn v2 (05 o) d;? +ofﬁ vy (v2 5 %) ‘Z‘ :
Hence,
log z£(v1; Yiens Yo,n)<vi(0; Yi,n) log Yi,ntvs (v1; Ya,n)log Yo,n
<{v1(0; Yi,n)tva(vis Ya,n) } log (Y1,n Ya,4)
or
log pt(ve; Yisn, Youn)<{v2(0; Yo,n)+v1(v2; Yi,0)} log (Yi,a Ya,a)
So
(2.9) log (Y1, Ya,n)<2v(Y1,n, Y2,n) log (Y1, Yasn).
Using (2.9) in (2.8), we get
(2.10) log M (Yy,n, Yo,0)<2v (Yi,n, Yo,n)log (Y1,n Ya,a) {140 (1)}.

Taking logarithim on both the sides and using (2.7), we get

(211) log log M(Yl,n, Yz,n) <log v(Yi,n, Yz,")+log log (Yi,n Y2,n)+o0 (1)
< (8+1) log log (Y1,n Yz,n)+o0 (1).

Taking limits, we get
t<o,
which completes the proof of [2.1].

(ii) By an argument similar to above, we can show that 7=S, and so proof is omitted.
(iii) We first prove that ¢<1+4d, we suppose that d<oo. Let us choose numbere a,§
and 7 such that 6<a<pg, a/f<n<1.

Then, similar to that as in (i), we have
(2.12) log log M (ry, r2)<(B8+1) log log (r; 72)+o0 (1),
for a sequence of values of 7; and 7, tending to infinity.
Hence taking limits, we get
(2.13) t<1+o0.
Also from (2.5), we get
(2.14) 140<t,
since ¢=¢, and thus follows.
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